V. Assume F^F and F has the HBEP" (lines 11-16, p. 219).
"Case 1. F={0}." (The original proof is correct.) "Case 2. F^{0}." There are several subcases. "Case (2i). Tn F={0}." (The original proof is correct.) "Case (2ii). T<^K." (The original proof is correct.) " Case (2iii). Suppose T n K is not closed. Then by induction on dimension, K does not have the HBEP, for F n F has dimension less than that of Fand it will be shown that: If F has the HBEP, then Tn F has the HBEP" (lines 28-31, p. 220).
Mistake I. The proof of Case (2iii) cannot be established by induction on dimension because Case (2iii) is only a particular case and F n Fis not necessarily a wedge satisfying the condition of Case (2iii). In this case we wish to verify the statement F(zz): "If K is an /i-dimensional wedge satisfying the condition of Case (2iii) and if Fis not closed, then F does not have the HBEP." Unfortunately, the following example shows that the wedge K' = T n K is not necessarily a wedge satisfying the condition of Case (2iii), i.e., K' n T' may be closed, where This case breaks down into 2 subcases. "If « = 2, the only wedge which need be considered is C4" (lines 12-15, p. 221). The proof of this subcase is correct.
"If n>2, let B'={beB\ b^bx} and let K'=Kn lin B'. Then clearly, K' has dimension less than K. Also K' is not closed since T<£K and the dimension n is greater than 2" (lines 31-33, p. 221).
Mistake 2. The above assertion "K' is not closed since Fd:.K and the dimension « is greater than 2" is not true because there is a counterexample as follows:
Counterexample 2. Let V= R3, let K={(xl5 x2, x3) e R3 \ xx ^ 0, x2 ^ 0, x3 ^ 0 ; or xx>0, x2^0, x3<0} and let B={bx,b2,b3} where ¿z1 = (l,0, 0), ¿z2 = (0, 1,0) and ¿z3 = (0, 0, 1). Then K={(xx, x2, x3) e R3 | xx^0, x2^0} has a 2-partly positive basis B. Moreover, observing that ¿z¡ e K, -bl$K,i=l,2,3, -b3eK and -bu -b2$K, therefore F={A¿z3 | A e R}. It follows that T n K={Xb3 | A St 0} is closed, T$K,Tn K=£{0}, b3eTnKand -b3^TnK. Thus, .K satisfies all conditions of Case (2v). Let B'={b2, b3} and let K' = Kn lin B'. Then #'={(0, x2, x3) | x2^0, *3 ^ 0} is clearly closed.
Since the proof of subcase « > 2 of Case (2v) is supported by the false assertion mentioned above, it is incorrect. 3 . A modification of the proof for Case (2iii) and Case (2v). We firstly give the proof of the theorem for Case (2v), which is based upon the following lemmas: Their proof is incorrect in general for infinite-dimensional ordered linear spaces(2); however, the proof is correct if (W; K) is a finite-dimensional OLS.
Lemma C. Let (V; C) be a finite-dimensional ordered linear space and let (W; K) be an ordered linear subspace of(V; C) with the induced wedge K= C n W such that every 2-dimensional linear subspace of W intersects K in a wedge of type 02\ Then C does not have the HBEP. A proof of Case (2iii) of Theorem 6.2.
Proof. So far we have proved Theorem 6.2 except for Case (2iii). We can now prove this case by mathematical induction. Let P(i) be the statement that if C is an z'-dimensional wedge such that C is not closed and such that Tc n C is also not closed where Tc = {v elihC\v, -ve 0^(0}, then C does not have the HBEP. Then P(l) is true since every 1-dimensional wedge is always closed. Assume that is an OLS such that every 2-dimensional linear subspace of W intersects the positive wedge K in a wedge of type C£", then K must be a half-space. This is true for the wedge K with core if# 0 ; but for infinite-dimensional wedge it is not true in general because the positive wedge corresponding to the Z-A Dictionary Ordering is a well-known counterexample (see [3] , p. 18).
